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NHANBUAYAJIBHBIE PACUETHBIE 3A TAHUSA

1. Bbluucnuth ABOWHOW MHTETpal IO MPSIMOYTOJIBHOU
obnactu D, 3aganHOl yKa3aHHBIMUA HEPABCHCTBAMH.

1.1 J'J'(xy2+\/@)dxdy, D:1<x<2, 0<y<3.

1.2. jj Xy +sinxy)dxdy, D: 0<x<, O<y<—.

L3 1 Oy 5. 1<x<2 0<y<i.

5 YX+y
1.4. dxdy T 4
J‘J' ,D:0<x<=, 0<y<Z,
cos?xy 4 4

1.5, ﬂsin x+y)dxdy, D: 0<x<z, 0< yﬁ%.

L6 [ Oy b.1<x<2 0<y<i.

52Xty
1.7. J‘.[ cosy+sinx)dxdy, D: 0<x<z, 0< ygg,
1.8. dxdy _ ju .
D: 0<x<Z,0<y<™

-Usm (x+y)’ Xs7 y<3
1.9. dxdy _ 1

Nz Di0sxsy 05yt
1.10. chos x+2y)dxdy, D: 0<x<z, 0< yg%_

1.11. ” y dxdy,D 0<x<2 1<y<2.

112. ﬂ dXdy ,D:1<x<2,0<y<1.

4/2x+




1.13. ”e”zydxdy, D:-1<x<2, 0<y<l
D

1.14. ”\/mdxdy, D: 0<x<1 0<y<3.

1.15. ” dxdy

«/3x+

1.16. ﬂerxdy, D: 0<x<2,1<y<2,

0<x<2,1<y<2.

L17. ”ysmxydxdy,D Xx=1x=2y=

r\JIki

L, Y=7.

1.18. H dxdy ,D:0<x<2,1<y<2,

1/x+4
1.19. ”m dxdy, D: 0<x<1, 0<y<3.
D

120- [[xcosxy dxdy, D: 0<x<m, 0<y<Z.
D

1.21. ; . T
sinxy dxdy, D: x=1, x=2,y=—,y=r.
IDI y dxdy y=7.y=7
1.22. ”ex*ydxdy, D:-2<x<2, -1<y<2.
D
1.23. ”w3/3x—ydxdy, D: 0<x<1 0<y<3.
D

1.24. ”cos(x—4y)dxdy, D: 0<x<rx, 0< ys%.
D

|

1.25. jj(5+e*yjdxdy, D: 0<x<1 0<y<Z>.
y
D

N

1.26. J.J'(xy2 + ys)dxdy, D:-1<x<2, 0<y<l

1.27. ”e sinxy dxdy, D: x=1, x=2,y=—,y=7.

Nlél



1.28. UdXdy D:-1<x<2, 0<y<l.

1.29. _U(X y2+\/§)dxdy, D:-1<x<2 0<y<L.
D

1.30. ﬂsin(3x—2y)dxdy, D:0<x<z O<y<=—,
D

2

2. TlpencTaBuTh JBOWHON MHTErpai H f (X, y)dxdy B BHJIC
D

MIOBTOPHOI'O MHTErpaja C BHEUIHMM HHTETPUPOBAHUEM IO X U
BHEIIHUM HMHTETPUPOBAaHMEM IO y, ecinu obmacte D 3amana
yKa3aHHBIMH JTMHUSAMHU.

2.1.
2.2.

2.3.
2.4.
2.5.

2.6.
2.7.
2.8.
2.9.

2.10.
2.11.

2.12.

2.13.
2.14.

2.15.

O 000U UTU0OUO UOo

O OO0 OO0

y=4-x*, y= x X>0.
X2 =2y, 5x—2y—6:0.
:y:\/8—_x2, y=X, y=>0.
x>0, y>0, y<1, y=Inx
X2 =2-y, x+y=0.
y=+2-x*, y=x.
y=x>-2, y=X

x>0, y=21 y<3, y=x
Y2 =2x, X* =2y, x<1.

x>0, y>Xx, y:\/ﬁ.
yP=2-X, y=X

:m, x=Yy? y=0.
'y>0, x+2y-12=0, y=Igx.
'Xx<0, y=21, y<3 y=—-x

y=0, y>x, y=—2-x%°.



2.16. D:y >0, x:\/y, y:\/8—7.
217. D:y=-X, y*=x+3.

2.18. D:y=+4—x*, x>0, x=1, y=0.
219. D:x=-1, x=-2, y>0, y=x°
2.20. D:y<0, x*=-y, x=\j1—7.
221. D:y>0, y<1, y=X, X=—/4-y’.
2.22. D:x<0, y=1, y=4, y=—x

223. D:y=3-x% y=—X

224. D:x=0, x=-2, y>0, y=x*+4.
2.25. D:x=0, y=0, y=1 (x-3) +y*=L1.
2.26. D:x=ﬂ, y=X, y=>0.

2.27. D:x+2y-6=0, y=x, y>0.
228. D:y=-X, 3x+y=3, y=3.

2.29. D:x>20, y=1 y=-1 y=log,, X.
2.30. D:x>0, y>0, y=1, X:W.

3. Borumcnute nBOMHOW wuWHTerpanm mo obmactu D,
OTPaHUYEHHON yKa3aHHBIMU JIMHUSMHU.

3.1 ”(x2 +y)dxdy, D:y=x% x=Vy2
D

3.2. ” xy’dxdy, D:y=x?, y=2x
D

3.3. H(x+ y)dxdy,D:y? =x, x=y.
D

3.4. ”xzydxdy,D:y:2—x, Xx=Yy, x=>0.
D



o
o
==

x3—2y)dxdy,D:y=x2—L x>0, y<O.

w

6.

w

7.

(y—x)dxdy,D:y=x, y=x’.
(1+y)dxdy,D:y* =X, x=>5y.
(

3.8. [[(x+y)dxdy ,D:y=x*-1 y=—x*+1.

3.9. [|x(y-1)dxdy,D:y=5x%, y=x, x=3.

U: (o R v o P @ P

3.10. [[y(x-2)dxdy,D:y=x, y_lx X=2.

3.11. ij( ~y*)dxdy,D:y=1 y=x".

3.12. ijx ydxdy,D:y=2x%, y=0, x=1.

3.13. ﬁ(x2+y2)dxdy,D:x=y2, x=1

3.14. f[xydxdy,D:y=x3, y=0, x<2.

3.15. ij(x+y)dxdy,D:y=x3, y=8, y=0, x=3.

3.16. J’Djx(2x+y)dxdy,D:y:1—x2, y>0.

3.17. ij(l—x)dxdy,D:yS:x, y=X

3.18. ﬁxy3dxdy,D: y?=1-x, x>0.

3.19. fjx(y+5)dxdy,D:y:x+5, X+y+5=0, x<0.
5

3.20. H(x—y)dxdy D:y=x*-1 y=3.
D



3.21. ”(x+l)y2dxdy,D:y:3x2, y=3.
3.22. f[xyzdxdy,D:y:x, y=0, x=1.
3.23. ﬁ(x3+y)dxdy,D:x+y:1, X+y=2, x<1, x>0.
3.24. ﬁxysdxdy,D:y:x3, y=4x, y=>0.
D

3.2

(6]

.H(x3+3y)dxdy,D:x+y=l y=x°-1 x=>0.
D

3.2

()]

. J'J'xydxdy,D:y=«/§, y=0, x+y=2.
D

2
3.27. ﬂ%dxdy,D:y:x, y=2, xy=1.
D

3.2

oo

.Hy(x2+1)dxdy,D:y:x3, y =3X.
D
3.29. ij2(2x+1)dxdy,D:x:2—y2, x=0.
D

3.30. Ijeydxdy,D:y:Inx, y=0, x=2.
D

4. BpluuciauTh ABOMHOM uHTerpan mo obmactu D,
OTPAaHMYCHHOW YKa3aHHBIMH JTUHUSMHU.

1 [[ye*dxdy, D: y=In2, y=In3, x=2, x=4.
D

42. ([ y2sin XY :x=0,y= ==
IDJy sm? dxdy, D: x_O,y—«/;,Y—Z-
D

44 J‘J‘ yZe—xy/4dXdy’ D X = O, y = 2, y =X
D



45. Hysinxy dxdy, D: y:7[/2’ y=r, le’ X =2
D

4.6. gyzcos% dxdy, D: x=0, y=4/7/2, y =x/2.

4.7. J'J.4yezxydxdy, D:y=In3 y=In4, X=%, x=1.
D

4.8. 2 o . T
4y“sinxy dxdy, D: x=0,y=,[—, y=X
ﬂ y* sinxy dxdy y \Ey
4.9, 1
cos2xy dxdy, D: y= Xx==, x=1.
ﬂy y didy, D:y =", y=7,x=",
4.10. _xy/8 i X
e ¥"dxdy, D: x=0,y=2, y=—
IDIy y y=2y=3
4.11. . V4 4
12ysin2xy dxdy, D: y=—,y=—, x=2, x=3.
ij ysin2xy dxdy, D:y =",y ="
4.12. ”yzcosxy dxdy, D: x=0, y=+/7, y=x.
D
4.13. ” ye¥*dxdy, D: y=In2, y=In3, x=4, x=8.
D
4.14. ”yzsin 2xy dxdy, D: x=0, y=+27, y = 2X.
D
4,15, T Vs
2ycos2xy dxdy, D: y=—,y=—, x=1 x=2.
IDI yoos2xy dxdy, D:y =",y =", x=1
16 ” y’e¥2dxdy, D: x=0, y=+/2, y=x.

417 J'J'ysmxydxdy,D y=m,y=27 x==, x=1.

4.18. J'J'y2c032xy dxdy, D: x=0, y=\/; VZE'

NIH

4.19. _[_[Sye“xydxdy, D:y=In3, y=In4, x= x=%.

1
4’



4.20. ”‘3yzsin% dxdy, D: x=0, y = /4?7[ yzgx.
D

D

4.22. —xy/2 . X
e dxdy, D: x=0,y=1 y=—.
IDIY y y y >
4.23. . . V4 3z 1
sin2xy dxdy, D:y=—, y=—, X=—, X=2.
_gy y y y > y > >

4.24. Hyzcosxy dxdy, D: x=0, y=/z, y=2x
4.25. _E[6yexy’3dxdy, D:y=In2, y=In3, x=3, x=6.
D
4.26. ”yzsin% dxdy, D: x=0, y=+/7, y=x.
D
a.21. jﬁ[ycosty dxdy, D:y:g, yz%ﬂ, XZ%, X=2.
4.28. ” y’e"dxdy, D: x=0, y =4, y=2x.
D
4.29. H3ysinxy dxdy, D: y=§, y=37, x=1x=3.
D

4.30. J'J'yZCOSX_Zy dxdy, D: x=0, y:\/ﬂ, y:2X.
D

S. Boruncnute nBOWHOM wuHTerpan mno obmactu D,
OTpaHUYEHHON yKa3aHHBIMH JTMHUSMHU.

D:x*+y*=1 x*+ y*=4,x=0,y=0(x>0, y>0).



”2X+5yd dy,

D

D:x*+y*=9, x*+ y* =16, x=0, y=0(x>0, y<0).

5.3. ”Xxiz XY vy,

D:ix*+y?=4,x*+y* =25 x=0,y=0(x<0, y=0).

3
5.4. J'J' XX+yy

D:x*+y*=9, x*+ y* =16, x=0, y=0(x<0, y<0).

D:ix®+y? =1 x*+ y?*=9, x=0,y=0(x20, y>0).

5.6. J‘J'mdxdy’

Dix®+y?=9, x*+ y* =25 x=0,y=0(x>0, y>0).

> ” iy+ 3dedy,

D:x*+y? =4, x*+ y* =16, x=0, y=0(y >0).

> ” xy +5yX dxcly.

D:x®+y?=9, x>+ y?=16, x=0, y=0(x>0, y<0).

> .” ; +2yy dxcly.

10



D:ix*+y?=4,x*+ y*=9,x=0, y=0(x<0).

5.10. ¢ 4
Hxxﬂyd dy,

D:x*+y*=1 x*+y* =9, x=0, y=0(x>0, y>0).

5.11. f 2
jjxx+yyd xdy,

D:x*+y*=4,x*+ y* =16, x=0, y=0(x<0, y>0).

5.12. ” ;‘ry+ yX dxdy,

D:x2+y =9, X’ + y? =25, x=0, y=0(x<0, y<0).

5.13. ”X v dxdy

D:x*+y’ =1 x*+ y*=9, x=0, y=0(x>0, y<0).

5.14. J-J- fi;dxdy,

D:x*+y?=16, x* + y* =36, x=0, y=0(x>0, y>0).

5.15. ” Xy +3yx dxdy,

D:x*+y* =4, x>+ y* =25 x=0, y=0(x<0, y<0).

4
5.16. ”:tryy

D:x*+y* =9, x*+ y* =36, x=0, y=0(x<0, y>0).

11



2
5.17. J‘J‘ XXiyy

D:x*+y?=1, x>+ y*=16, x=0, y=0(y <0).

3
5.18. ” Xy+ yX

D:x*+y*=1x*+ y*=9,x=0, y=0(x=>0).

4
5.19. ” Xxiyy

D:x?+y? =4, x>+ y? =9, x=0,y=0(x>0, y<0).

5.20. jj—dijy xdy,

D:ix*+y*=9, x*+ y* =36, x=0, y=0(x>0).

D:x° +y =4, x*+ y* =36, x=0, y=0(x=0, y>0).

3 5

D:x? +y =1, x*+ y*=4,x=0,y=0(x<0, y>0).

D:ix*+y*=4,x*+ y* =16, x=0, y=0(x>0, y >0).

4
5.24. ”;J;yy

12



D:x*+y* =9, x*+ y* =36, x=0, y=0(x<0).

5.25. I 1X+?ydxdy

D:x*+y’=4,x*+y*=9,x=0,y=0(x<0, y<0).

5.26. j [ Xy +5yx dxdly,

D:x*+y* =9, x*+ y* =36, x=0, y=0(y<0).

7y -3
5.27. ” Xy+ yX

D:x*+y?=1x*+ y*=4,x=0,y=0(x>0, y<0).

3 5
5.28. ”XXiyy

D:x*+y?=9, x*+ y* =16, x=0, y=0(x>0).

5y-2
5.29. ” Xy+yX

D:ix*+y?=4,x*+y* =9, x=0,y=0(y=>0).

2
5.30. ”;iyy

D:x*+y?=9, x*+ y*=16, x=0, y=0(y >0).

6. Haiitm 1utomanp TUTOCKOW QUTYpH, OTPaHUYCHHOU
YKa3aHHBIMH JINHUSMHU.

6.1. y=3/x, y=4e*, y=3 y=4.

6.2. x=,/36—y?, x=6-4/36—y>.

13



6.3. X2+y2 =72, 6y=—X2 (ySO).
64 X=8—y2’ X=—2y.

6.5. yzé, y:8ex, y:3, y=8
X

Jx 1

6.6- =—, :—,X=16.
y 2 y 2X

6.7. x=5-y? x=—4y.

6.8. )(2-|-y2 =12, ng:—xz (ySO).
6.9. y:«/lZ—XZ y—2\/_—\/12—x2,x:0(x20).
3
6.11. _«/24 X2 zfy x?, x=0 (x20).

6.12. y=sinx, y=cosx, x=0, (x>0).
6.13. y=20-x*, y=-8x.

6.14. y=+18-x2, y =32 -18-x°.
6.15. y=32— X, y = —4x

6.16. y=2/x, y=5¢*,y=2, y=5.
6.17. x2 4+ y2 =36, 3J2y=x* (y=0).
6.18. y =3X, y=3/x, x=4.

6.19. y—6-+36—x%, y=+/36—x%, x=0 (x>0).
6.20. y=25/4—x, y=x-5/2.

6.21. y—x, y=Yx, x=16.

6.22. y=2/x,y=7¢e",y=2y=T7.
6.23. x=27—-Yy?, x=-6Y.

6.24. x=[72—y?, 6x=y%, y=0 (y=0).
6.25. y=/6—x2, y =+/6 —\/6— %2

14



6.26. v _3/x v y_a
y 2x/_,y S X=4
6.27. y=sinx, y=cosx, x=0, (XSO).
628. y_1 y_ge* y=1 y—6,
X
6.29. y=3Vx, y =3/, x=9.
6.30. y=11-x?, y=-10x.

7. Haiitu mmomans TUIOCKOH (UTYpBI, OrpaHUYCHHON
YKa3aHHBIMU JIMHUSIMU.

71 Y —2y+x*=0, y’—4y+x* =0,
y=x//3, y=+/3x

79 X —4x+y? =0, x*-8x+y* =0,
y=0,y=x/3.

73 Y —6y+x*=0, y*-8y+x’=0,

y=x/\/3, y=+/3x.

74 X2 =2X+y* =0, X’ —4x+y* =0,
y=0,y=xX

75 ¥ —-8y+x*=0, y*-10y+x* =0,
y=x//3, y=+/3x

76. X2 —4x+y’ =0, x*-8x+y’ =0,
y=0, y=x

77 Y —4y+x*=0, y?-6y+x*=0,
y=X, x=0.

15



78 X =2x+y*=0, x*-10x+y? =0,
y:O, y:\/gx-

79. ¥°—6y+x> =0, y*—10y+x* =0,
y=x, x=0.

7.10. X' =2x+y* =0, X* ~4x+y* =0,
y=x//3, y=3x.

711 Y —2y+x* =0, y*—4y+x* =0,
y=\/§x, x=0.

712, X =2x+Yy* =0, X" =6x+y’ =0,
Y=X/\/§,y=x/§x.

713, V' —4y+X =0, y’ -6y +x* =0,
y=\/§x, x=0.

714, X' =2X+y* =0, x* =8x+y” =0,
y:x/\/§,y:\/§x_

715, Y —2y+x* =0, y* 6y +x" =0,
y=x/3,y=0.

716, X' ~2x+y* =0, x"—4x+y” =0,
y=0,y=x/3.

717, Y =2y +x*=0, y* =10y +x* =0,
y=X/\/§,y=\/§x.

718 X2 =2x+Yy?=0, x*—6x+Yy> =0,

y=0,y=x/3.

16



7.19.

7.20.

7.21.

1.22.

7.23.

7.24.

7.25.

7.26.

7.27.

7.28.

7.29.

y>—4y+x2=0, y*-10y+x* =0,
y =x//3, y=/3x.
X°—2x+Yy*=0, xX*—6x+Yy*=0,
y=0, y=X

y>—2y+x°=0, y* —4y+x* =0,
y=X, x=0.

X =2x+y° =0, x> —4x+y* =0,
y=0, y=+/3x

y>—6y+x°=0, y*-8y+x*=0,
y=X, x=0.

X —4x+y° =0, x*—-8x+y’ =0,
y=0, y=+/3x.

y>—4y+x°=0, y* -8y +x*=0,
y=X, x=0.

X —4x+y? =0, x*-8x+Yy* =0,
y=x//3, y=3x.
y?—4y+x* =0, y? -8y +x* =0,
y:\/§x, x=0.

X* —4x+y’ =0, x*—6x+Yy”> =0,
y =x/3, y=+/3x.

y? =2y +x*=0, y*-10y+x* =0,

y=x/\/§, x=0.

17



730, X —6x+y* =0, x* ~10x+y* =0,

y=x//3, y=3x

8. Breranciouts Maccy HCOHHOpOHHOﬁ IIJ1aCTUHBI,
OFpaHquHHOfI 3aJaHHbIMA  JIMHUAMH, CCJIM TOBCPXHOCTHAA

IUIOTHOCTD B KQJKJOU €€ TOUKE [ = y(x, y).

8.1. D:y’=X, X=3, u=x

8.2. D:x=0, y=0, x+y=1 u=x°

8.3. D:x=0, y=0, 2x+3y =6, yzy?z.
8.4. D:x*+y* =4x, u=4-x

85. D:x=0, y=1, y=X, u=x>+2y°.

86. D:X*+y° =1 u=2-x-y.

8.7. D:x*+y’ =4y, ,u:\/m.

88. D:x=y, y=—x, y=1 ,u:\ﬁ.

8.9. D:x=0, y=2x, x+y=2, u=2—-x-Y.
8.10. D:x=1, y*=X, u=2x+5y+10.
8.11. D:y=0, xX*=1-y, u=3-x-V.

8.12. D:y=x*, Xx=Yy?, u=3Xx+2y+6.
8.13. D:y=x*, y=4, u=2x+5y+10.
8.14. D:x=0, y=0, x+y=1 u=2x"+Yy’.
8.15. D:x=0, y*=1-X, u=2-%x—-Yy

8.16. D:y:\/;, X=Y, g=2—-xX-Yy

8.17. D:y=x*-1, y=1, u=3x*+2y° +1.
8.18. D:x=1, y=0, y=X, u=x*+2y*+10.
8.19. D:y=0, y=2X, X+y=6, u=Xx"
8.20. D:x>1, y>0, X*+y* =4, u=4-x°.

18



8.21.
8.22.
8.23.
8.24.
8.25.
8.26.
8.27.
8.28.
8.29.

8.30.

, Y=2, u=2-y.
y=0, X+y=1 u=x"+y>
+1, X+y=3, u=4x+5y+2.
-1 x+y=1 u=2x+5y+8.
, y=0, y=4, x=425-Vy?, u=x.
, y

X, Y=3X, u=2x*+y>

><l\)O><><O><

, Y=X, u=2x+3y.
X+2y+2=0, x+y=1 u=x°

n
o o o

XX<XX<<X<

y=0, x+2y=1, y:2—(x2+y2).

o UL uUoUoUu

y=0, X+y=2, u=x>+Yy°.

b
I

9. Brpruuciants 00BEM TCJIa, OTPaHUYCHHOI'0 3aJlaHHbIMH
IMOBCPXHOCTAMM.

9.1
9.2.
9.3.
9.4.
9.5.
9.6.
9.7.
9.8.
9.9.

9.10.
9.11.
9.12.
9.13.
9.14.

z=xX"+Vy% x+y=1 x>0, y>0, z>0.
2:2—(x2+y2), X+2y=1 x>0, y>0, z>0.
z=Xx>, Xx=2y+2=0, x+y-7=0, z>0.
7=2x"+3y* y=x° y=x, z>0.
7=2x"+Yy?, y<X, y=3x, x=2, z>0.

Z=X, y=4, x=425-y?, x>0, y>0, z>0.

yzxﬁ, y=X, X+y+z=2, z>0.

y=1-x*, Xx+y+z=3, y>0,z>0.
z=2x>+y?, x+y=4, x>0, y>0, z>0.
z=4-%*, X*+y*=4, x>0, y>0, z>0.
2z=Yy?% 2x+3y-12=0, x>0, y>0, z>0.
z=10+%x*+2y? y=x, x=1 y>0, z>0.
Z=Xx*, X+y=6, y=2%, x>0, y>0, z>0.
z=3x"+2y*+1, y=x*-1, y=1 z>0.
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9.15.
9.16.
9.17.
9.18.
9.19.
9.20.
9.21.
9.22.
9.23.
9.24.
9.25.
9.26.
9.27.
9.28.
9.29.
9.30.

3y:\/§, y<x X+y+z=10, y=1, z=0.
y>=1-X, X+y+z=1 x=0, z=0.
y=x°, x=V% z=3x+2y+6, z=0.

x> =1-y, Xx+y+z=3, x>0, z>0.
X=Yy% X+y+z=4, x=1 z=0.
z=2x*+Yy?, x+y=1 x>0, y>0, z>0.
y=x°, y=4, z=2x+5y+10, z>0.
y=2X, X+y+z=2, x>0, z>0.
y=1-27*, y=x, y=—X, y>0, z>0.
X*+y> =4y, 7°=4-vy, z>0.
X*+y>=1 z°=2-x"—y? z>0.

y=x% 2=0, y+z=2.

X +y>=4x, 2°=4-x, 2>0.
z=x>+2y%, y=X, x>0, y=1, z>0.
z=y?, x+y=1 x>0, z>0.

y =X, x=3, z=X, z>0.
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